
creep and relaxation of nonlinear viscoelastic
materials

creep and relaxation of nonlinear viscoelastic materials are critical phenomena observed in
many engineering and scientific applications involving polymers, biological tissues, and composite
materials. These materials exhibit time-dependent mechanical behavior that deviates from linear
viscoelasticity due to their complex internal structure and deformation mechanisms. Understanding
the creep and stress relaxation characteristics in nonlinear viscoelastic materials is essential for
accurate prediction of long-term performance, durability, and failure. This article explores the
fundamental concepts, mathematical modeling, experimental methods, and practical implications of
creep and relaxation in nonlinear viscoelastic materials. It also discusses the challenges in
characterizing nonlinear behavior and the latest advances in constitutive modeling. The
comprehensive overview aims to provide a solid foundation for researchers and engineers working in
material science, mechanical engineering, and related fields.
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Fundamentals of Nonlinear Viscoelasticity
Nonlinear viscoelasticity refers to the time-dependent mechanical response of materials that do not
follow a simple linear relationship between stress and strain. Unlike linear viscoelastic materials,
where superposition principles apply, nonlinear viscoelastic materials exhibit complex interactions
between elastic and viscous components that depend on the magnitude and history of loading. These
materials demonstrate behavior such as strain-dependent moduli, hysteresis, and permanent set,
which complicate the analysis of creep and relaxation phenomena.

Basic Concepts
Viscoelastic materials combine the characteristics of both viscous fluids and elastic solids. In the
nonlinear regime, the material's response depends on the current state of deformation and the rate at
which load is applied. The stress-strain relationship is often nonlinear, and time-dependent effects
such as creep (progressive deformation under constant stress) and relaxation (decay of stress under
constant strain) become more pronounced and complex.



Distinction from Linear Viscoelasticity
Linear viscoelasticity assumes small deformations and linear stress-strain relations, allowing the use
of convolution integrals and time-temperature superposition principles. Nonlinear viscoelasticity,
however, requires advanced constitutive models that capture strain-dependent behavior and memory
effects beyond linear theory. This distinction is crucial for accurate modeling in real-world applications
where materials undergo large or complex loading.

Creep Behavior in Nonlinear Viscoelastic Materials
Creep in nonlinear viscoelastic materials involves time-dependent deformation under sustained
loading, where the rate and extent of deformation are influenced by the nonlinear material properties.
Unlike linear creep, where deformation increases predictably, nonlinear creep can show accelerated
or decelerated strain rates depending on the applied stress level and prior loading history.

Stages of Creep
The creep process typically progresses through three stages: primary (decelerating strain rate),
secondary (steady-state strain rate), and tertiary (accelerating strain rate leading to failure). In
nonlinear viscoelastic materials, these stages may not be distinctly separable, and the strain rate can
vary significantly with time and stress level.

Factors Influencing Creep
Several factors affect creep in nonlinear viscoelastic materials, including:

Stress level and loading rate

Temperature and environmental conditions

Material composition and microstructure

Previous mechanical and thermal history

Understanding these factors is essential for predicting long-term deformation and ensuring material
reliability.

Stress Relaxation in Nonlinear Viscoelastic Materials
Stress relaxation describes the gradual decrease of stress under a constant strain in nonlinear
viscoelastic materials. This phenomenon reflects the material's ability to redistribute internal stresses
through viscous flow and molecular rearrangements. Stress relaxation behavior in nonlinear materials
is often more complex than in linear viscoelasticity, showing dependence on strain magnitude and
rate.



Characteristics of Relaxation
In nonlinear viscoelastic materials, stress relaxation curves may exhibit multiple relaxation times and
nonlinear decay patterns. The relaxation modulus can depend on the strain level, making it necessary
to consider nonlinear effects when modeling and interpreting experimental data.

Impact on Material Performance
Stress relaxation affects the load-bearing capacity and stability of components made from nonlinear
viscoelastic materials. Accurate knowledge of relaxation behavior is crucial for designing structures
that experience sustained deformation or cyclic loading to prevent premature failure or excessive
deformation.

Mathematical Models for Creep and Relaxation
Modeling the creep and relaxation of nonlinear viscoelastic materials requires sophisticated
constitutive equations that can capture time-dependent and nonlinear effects. These models extend
classical linear viscoelastic formulations by incorporating nonlinear stress-strain relationships and
internal variables.

Constitutive Modeling Approaches
Common approaches to modeling nonlinear viscoelastic behavior include:

Nonlinear integral models that generalize linear viscoelastic theory using strain-dependent
relaxation functions.

Internal variable models that introduce state variables representing microstructural changes
or damage.

Fractional viscoelastic models employing fractional calculus to describe complex
viscoelastic responses.

Phenomenological models based on experimental fitting of creep and relaxation data.

Examples of Constitutive Equations
Models such as the Schapery model, modified Maxwell models, and nonlinear Prony series are
frequently used to describe nonlinear viscoelastic creep and relaxation. These models often involve
parameters that must be identified experimentally to ensure accurate predictions.



Experimental Techniques for Characterization
Experimental characterization of creep and relaxation in nonlinear viscoelastic materials is essential
for validating constitutive models and understanding material behavior under realistic conditions.
These techniques involve controlled mechanical testing combined with precise measurement of
deformation and stress.

Creep Testing
Creep tests apply a constant load or stress to a specimen and monitor the resulting strain over time.
For nonlinear viscoelastic materials, tests must cover a range of stress levels and temperatures to
capture the strain-dependent behavior accurately.

Stress Relaxation Testing
Stress relaxation tests impose a constant strain and measure the decay in stress over time. Nonlinear
effects require careful control of strain magnitude and rate to observe the full relaxation spectrum.

Advanced Characterization Methods
Additional techniques include dynamic mechanical analysis (DMA), which applies oscillatory loads to
probe viscoelastic moduli, and digital image correlation (DIC) for non-contact strain measurement.
These methods provide detailed insight into time-dependent nonlinear material responses.

Applications and Practical Considerations
The understanding of creep and relaxation of nonlinear viscoelastic materials is vital across various
industries where polymers, rubbers, composites, and biological tissues are used. Accurate
characterization and modeling enable improved design, reliability, and safety.

Engineering Applications
Key applications include:

Polymer components in automotive and aerospace structures

Biomedical devices and soft tissue mechanics

Electronic packaging and insulation materials

Structural adhesives and sealants



Design and Durability Considerations
Engineers must account for nonlinear viscoelastic creep and relaxation to prevent material failure,
excessive deformation, and loss of function. Design codes increasingly incorporate nonlinear
viscoelastic models to enhance predictive maintenance and lifecycle management.

Frequently Asked Questions

What is the creep behavior in nonlinear viscoelastic
materials?
Creep behavior in nonlinear viscoelastic materials refers to the time-dependent and non-recoverable
deformation that occurs when a constant stress is applied. Unlike linear viscoelastic materials, the
strain response is not proportional to the applied stress and often depends on the magnitude and
history of loading.

How does relaxation differ in nonlinear viscoelastic materials
compared to linear ones?
In nonlinear viscoelastic materials, relaxation involves a stress decay over time under constant strain,
but this decay is non-proportional and often strain-dependent. The relaxation modulus varies with the
level of applied strain, making the behavior more complex than the linear case where relaxation is
strain-independent.

Which mathematical models are commonly used to describe
creep and relaxation in nonlinear viscoelastic materials?
Common models include the Schapery model, nonlinear integral constitutive equations, and the BKZ
(Bernstein-Kearsley-Zapas) model. These frameworks incorporate strain-dependent material functions
to capture nonlinear creep and relaxation phenomena.

What experimental methods are used to characterize creep
and relaxation in nonlinear viscoelastic materials?
Standard experimental methods include creep tests under constant stress and stress relaxation tests
under constant strain, often performed over a range of stress or strain levels to capture nonlinear
effects. Dynamic mechanical analysis (DMA) and time-temperature superposition are also employed
to study these properties.

Why is understanding creep and relaxation important for
applications involving nonlinear viscoelastic materials?
Understanding creep and relaxation is crucial for predicting long-term performance, durability, and
failure of materials such as polymers, biological tissues, and composites in applications where they
experience sustained loads or deformations.



How do temperature and strain rate influence the creep and
relaxation behavior of nonlinear viscoelastic materials?
Both temperature and strain rate significantly affect creep and relaxation. Higher temperatures
typically accelerate molecular mobility, increasing creep rates and decreasing relaxation times.
Similarly, varying strain rates can change the material response, often leading to more pronounced
nonlinear effects at higher rates.

Can nonlinear viscoelastic creep and relaxation behavior be
simulated using finite element analysis (FEA)?
Yes, nonlinear viscoelastic creep and relaxation can be incorporated into finite element models using
appropriate constitutive equations and material parameters. This enables the simulation of complex
loading scenarios and prediction of time-dependent deformation in engineering structures.

Additional Resources
1. Creep and Relaxation of Nonlinear Viscoelastic Materials
This book offers a comprehensive study of the fundamental principles and mathematical modeling of
creep and relaxation behaviors in nonlinear viscoelastic materials. It delves into constitutive
equations, experimental methods, and practical applications. The text is ideal for researchers and
engineers working on polymeric and composite materials.

2. Nonlinear Viscoelasticity: Theory and Applications
Focusing on the theoretical underpinnings and practical implications, this volume explores nonlinear
viscoelastic responses under various loading conditions. It includes detailed discussions on time-
dependent material behavior, modeling techniques, and numerical simulations. The book serves as a
valuable resource for scientists and practitioners in material science and mechanical engineering.

3. Modeling Creep and Stress Relaxation in Polymers
This book presents advanced models for predicting creep and stress relaxation phenomena in
polymeric materials. It covers both phenomenological and microstructural approaches, supported by
experimental data. Readers will find insights into viscoelastic constitutive modeling and its application
in design and analysis.

4. Viscoelastic Properties of Polymers
An in-depth exploration of the viscoelastic behavior of polymers, this text covers linear and nonlinear
regimes with emphasis on time- and temperature-dependent effects. The book discusses analytical
and experimental methods for characterizing creep and relaxation. It is suitable for graduate students
and researchers focused on polymer mechanics.

5. Constitutive Modeling of Nonlinear Viscoelastic Solids
This title delves into constitutive theories that describe nonlinear viscoelastic solids under various
mechanical loadings. It includes mathematical formulations, stability analysis, and computational
methods. The book is recommended for advanced students and professionals involved in material
modeling and simulation.

6. Time-Dependent Behavior of Polymers: Creep, Relaxation, and Durability



Covering the essential aspects of time-dependent deformation in polymers, this work addresses
creep, relaxation, and long-term durability issues. It integrates experimental findings with theoretical
models to provide a holistic understanding. Engineers and scientists studying polymer performance
over time will benefit greatly from this text.

7. Nonlinear Viscoelastic Materials: Experiments, Modeling, and Applications
This book combines experimental techniques with constitutive modeling to analyze nonlinear
viscoelastic materials. It highlights recent advances in testing methods and computational
approaches. The applications discussed span from aerospace to biomedical engineering, making it a
versatile reference.

8. Advanced Topics in Viscoelasticity: Creep and Stress Relaxation Analysis
Focusing on advanced analytical techniques, this book addresses the complexities of creep and stress
relaxation in nonlinear viscoelastic materials. It includes case studies and numerical examples to
illustrate concepts. Researchers aiming to deepen their understanding of viscoelastic phenomena will
find this text invaluable.

9. Polymer Viscoelasticity: Structure, Properties, and Relaxation Dynamics
This comprehensive text explores the relationship between polymer structure and viscoelastic
properties, emphasizing relaxation dynamics and creep behavior. It integrates molecular theories with
macroscopic observations to provide a multiscale perspective. The book is suited for materials
scientists and polymer physicists interested in viscoelastic phenomena.
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